with integers A'>2 and »7^2, has only the trivial solutions .v = -/(/ = 1 m), v = 0. This put an end to the old question whether the product of consecutive positive integers could ever be a perfect power; for a brief account of its history see [7] .
THEOREM.
Let k^2. Then the only rational points on the superelliptic curve / = (x + 1 )(JC + 2)(x + 3)(x + 4)(.r + 5) (2) are (x; 0) with -x € {1, 2, 3, 4, 5}. §2. Notation and preliminary results. For a positive integer A' , let * {k, for 5/A, ' I A-/5, for 5 | k.
For arbitrary integers a and ft we define the greatest common divisors ).
For (a, ft) = 1 they satisfy
G ] (a,b) = (a,4)e {1,2,4},
G 2 (a, ft) = (a 2 -ft 2 , 3) e {1,3}.
Our proof of the theorem uses results on the solutions of several diophantine equations, all of which are based on the work of Wiles [9] . An integral solution (x; y; z) of the equation Proof. This is part of Ribet's Theorem 3 in [6] . (4)), the proof of our theorem falls into four parts. PROPOSITION 
Let k^2,a,b -bf>0
and c be integers satisfying
Then c -0.
Proof. Since (a  2 -4b 2 )a = c\ (6) for some coprime integers c\, ci-By (3) we have G\\4, and so we obtain from the second equation in (6) that
and a 2 -4b 2 = G\2'c k A
for some odd, coprime integers a, CA, satisfying [c\, C3C4) = 1, where
for a suitable positive integer/ Since b -bf, (6) and (7) 
For a -0, we have an equation of the form X 5 + Z 5 -Y 2 in coprime terms, which has only trivial solutions by Theorem C and thus implies that c = 0. For a > 1, we have
hence, by (9),
We obtain 2 a+l X 5 =Z\+Z\ in coprime terms, which again has only trivial solutions by Theorems A and B. This completes the proof of Proposition 1. Proof. Since G\ = (a, 4) = 1 by (3), we know that 2/a, and hence
By the transformation bt-+ -b each of the two cases turns into the other. Therefore, we may assume without loss of generality that 
for some pairwise coprime integers o, c 2 , c$, C 4 satisfying 2/C1C2C3 and 3/C]C 2 .
Since
, we have = 2(a -b) -(a -2b) 
Proof. It follows from G\ = {a, a 2 -4b
2 ) = 2 that 2\\a. Then (5) 
Now (20), (21), (22) and (a + b, a + 2b) = 1 imply that
and, with (23) in addition, we necessarily have one of the following four situations:
or For k = 5 we obtain in both cases (25) and (26)
With ( 
and we necessarily have one of the following two situations: 
The second identity implies that b = bf for some positive integer b\. Since (a. b) = 1 it follows from (3) and (4) that Propositions 1-4 cover all possible values of G\ and Gz-Hence c = 0, and consequently y -0 in (2), which proves the theorem.
